1. Prove that a weakly dominant strategy s, € S; is a strictly dominant strategy
iff argmazs;ui(si, s—i) is a singleton for all s_; € S_;.
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2. Consider the following modification of a two-bidder second-price sealed-bid
auction. Bidder 2 receives an advantage as follows: If bidder 2’s bid is at least
80% of bidder 1’s bid, then bidder 2 wins and pays 80% of bidder 1’s bid. If
bidder 2’s bid is less than 80% of bidder 1’s bid, then bidder 1 wins and pays
1.25 times bidder 2’s bid. Suppose bidder i values the object being sold at vi,
i =1, 2. Prove that it is a weakly dominant strategy for each bidder to bid
his or her valuation.
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TM b . 2. In a two-consumer (Ms. A and Mr. B), two-commodity, z; and z2, pure ex-
change economy, A’s preference is represented by the utility function: U A(m’f, xé) =
2x‘f+$§‘. Consumer B’s preference is represented by the following utility func-
tion: UB(zP,28) = axP + 28 where m; denotes the quantity of commodity
j € {1,2} consumed by consumer i € {A, B}. Assume the total quantities
available in the economy of commodity z1, denoted by Z7, and of commodity
9, denoted by T3, are identical. Further, assume that the endowment alloca-
tion is such that A owns half of the entire quantity available of commodity 1,
T1/2, and half of the quantity available of commodity 2, Z3/2. Find the set of
Walrasian equilirbium prices and allocations in this economy when o = 1/2,
a = 4, respectively.
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